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We study critical Gibbs partitions associated with composition schemes, in the borderline case where the inner
weights decay as n~2 up to a slowly varying factor. The corresponding component-size distribution belongs
to the domain of attraction of an asymmetric stable law. When the outer weights of the composition have
exponent in (1,2), we establish a dense phase in which the number of components exhibits Cauchy fluctuations
around an explicit deterministic scale. We also obtain a functional one-stable limit theorem and describe the
asymptotic distribution of the largest components through an appropriate point process. We also identify a
phase transition between the dense regime and a condensation regime featuring a giant component. Depending
on the relative strength of the two contributions, the limiting model is purely dense, purely condensed, or a
non-trivial mixture of both phases.



